We predict the features of the Collins function, which describes the fragmentation of a transversely polarized quark into an unpolarized hadron, by modeling the fragmentation into pions at a low energy scale. We use the chiral invariant approach of Manohar and Georgi, where constituent quarks and Goldstone bosons are considered as effective degrees of freedom in the nonperturbative regime of QCD. To test the approach we calculate the unpolarized fragmentation function and the transverse momentum distribution of a produced hadron, both of which are described reasonably well. In the case of semi-inclusive deep-inelastic scattering, our estimate of the Collins function in connection with the transversity distribution gives rise to a transverse single spin asymmetry of the order of 10%, supporting the idea of measuring the transversity distribution of the nucleon in this way. In the case of e ϩ e Ϫ annihilation into two hadrons, our model predicts a Collins azimuthal asymmetry of about 5%.
I. INTRODUCTION
The influence of transverse spin and transverse momentum on fragmentation processes is at present a largely unexplored subject. The Collins fragmentation function ͓1͔, correlating the transverse spin of the fragmenting quark to the transverse momentum of the produced hadron, could give us the first chance to study this effect. Moreover, being chiral odd, the Collins function can be connected with the transversity distribution function, which is chiral odd as well, and thus can allow the measurement of this otherwise elusive property of the nucleon, which carries valuable information about the dynamics of confined quarks. In addition to being chiral odd, the Collins function is also time-reversal odd (T odd͒.
In spite of the apparent difficulty in modeling T-odd effects, in a recent paper ͓2͔ we have shown that a nonvanishing Collins function can be obtained through a consistent one-loop calculation, in a description where massive constituent quarks and pions are the only effective degrees of freedom and interact via a simple pseudoscalar coupling.
In our previous work ͓2͔ little care was devoted to the phenomenology of the Collins function. In contrast, our interest here lies in obtaining a reasonable estimate of this function and the observable effects induced by it. At present, only one attempt to theoretically estimate the Collins function for pions exists ͓3͔, and little phenomenological information is available from experiments. The HERMES Collaboration reported the first measurements of single spin asymmetries in semi-inclusive deep inelastic scattering ͑DIS͒ ͓4,5͔, giving an indication of a possibly nonzero Collins function. The Collins function has also been invoked to explain large azimuthal asymmetries in pp ↑ →X ͓6,7͔. In this case, however, the extraction of the function is plagued by large uncertainties, due to the possible presence of hadronic effects in both the initial and final states, and hence does not allow any conclusive statement yet. Recently, a phenomenological estimate of the Collins function has been proposed ͓8͔, combining results from the DELPHI, SMC and HER-MES experiments. However, in spite of all the efforts to pin down the Collins function, the knowledge we have at present is still insufficient.
In this work we calculate the Collins function for pions in a chiral invariant approach at a low energy scale. We use the model of Manohar and Georgi ͓9͔, which incorporates chiral symmetry and its spontaneous breaking, two important aspects of QCD at low energies. The spontaneous breaking of chiral symmetry leads to the existence of ͑almost massless͒ Goldstone bosons, which are included as effective degrees of freedom in the model. Quarks appear as further degrees of freedom as well. However, in contrast with the current quarks of the QCD Lagrangian, the model uses massive constituent quarks-a concept that has been proven very successful in many phenomenological models at hadronic scales. With the exception of Ref. ͓10͔, the implications of a chiral invariant interaction for fragmentation functions into Goldstone bosons at low energy scales remain essentially unexplored. To investigate the Collins function for vector mesons like the ͓11͔ is beyond the reach of the approach.
Although the applicability of the Manohar-Georgi model is restricted to energies below the scale of chiral symmetry breaking ⌳ Ϸ1 GeV, this is sufficient to calculate soft objects. In this kinematical regime, the chiral power counting allows setting up a consistent perturbation theory ͓12͔. The relevant expansion parameter is given by l/⌳ , where l is a generic external momentum of a particle participating in the fragmentation. To guarantee the convergence of the perturbation theory, we restrict the maximum virtuality 2 of the decaying quark to a soft value. We mostly consider the case 2 ϭ1 GeV 2 . The outline of the paper is as follows. We first give the details of our model and present the analytical results of our calculation. Next, we discuss our results and compare them with known observables, indicating the choice of the parameters of our model. Then, we present the features of our prediction for the Collins function and its moments. Finally, using the outcome of our model, we estimate the leading order asymmetries containing the Collins function in semi-inclusive DIS and in e ϩ e Ϫ annihilation into two hadrons.
II. CALCULATION OF THE COLLINS FUNCTION
Considering the fragmentation process of a quark into a pion, q*(k)→(p)X, we use the expressions of the unpolarized fragmentation function D 1 and the Collins function H 1 Ќ in terms of light-cone correlators, depending on the longitudinal momentum fraction z of the pion and the transverse momentum k T of the quark. The definitions read 1 ͓13,14͔
͑2͒
with m denoting the pion mass and ⑀ T i j ϵ⑀ i jϪϩ ͓we specify the plus and minus light-cone components of a generic 4-vector a according to a Ϯ ϵ(a 0 Ϯa 3 )/ͱ2͔. The correlation function ⌬(k,p) in Eqs. ͑1͒, ͑2͒, omitting gauge links, takes the form
We now use the chiral invariant model of Manohar and Georgi ͓9͔ to calculate the matrix elements in the correlation function. Neglecting the part that describes free Goldstone bosons, the Lagrangian of the model reads
In Eq. ͑4͒ the pion field enters through the vector and axial vector combinations
with uϭexp(i ជ • ជ /2F ), where the i are the generators of the SU͑2͒ flavor group and F ϭ93 MeV represents the pion decay constant. In absence of resonances, the pion decay constant determines the scale of chiral symmetry breaking via ⌳ ϭ4F . The quark mass m and the axial coupling constant g A are free parameters of the model that are not constrained by chiral symmetry. The values of these parameters will be specified in Sec. III. Although we limit ourselves here to the SU͑2͒ flavor sector of the model, the extension to strange quarks is straightforward, allowing in particular the calculation of kaon fragmentation functions. For convenience we write down explicitly those terms of the interaction part of the Lagrangian ͑4͒ that are relevant for our calculation. To be specific we need both the interaction of a single pion with a quark and the two-pion contact interaction, which can easily be obtained by expanding the nonlinear representation u in terms of the pion field:
Performing the numerical calculation of the Collins function, it turns out that the contact interaction ͑7͒, which is a direct consequence of chiral symmetry, plays a dominant role. At tree level, the fragmentation of a quark is modeled through the process q*→q, where Fig. 1 represents the corresponding unitarity diagram. Using the Lagrangian in Eq. ͑6͒, the correlation function at lowest order reads The SU͑2͒ flavor structure of our approach implies the relations
where D 1 is the result given in Eq. ͑9͒. In the case of unfavored fragmentation processes D 1 vanishes at tree level, but will be nonzero as soon as one-loop corrections are included. According to the chiral power counting, one-loop contributions to D 1 are suppressed by a factor l 2 /⌳ 2 compared to the tree level result. The maximum momentum up to which the chiral perturbation expansion converges numerically can only be determined by an explicit calculation of the one-loop corrections.
As in the case of a pseudoscalar quark-pion coupling ͓2͔, the Collins function H 1 Ќ turns out to be zero in the Born approximation. To obtain a nonzero result, we have to resort to the one-loop level. In Fig. 2 the corresponding diagrams are shown, where we have displayed only those graphs that contribute to the Collins function. The explicit calculation of H 1 Ќ is similar to our previous work ͓2͔. The relevant ingredients of the calculation are the self-energy and the vertex correction diagrams. These ingredients are sketched in Fig. 3 and can be expressed analytically as
where flavor factors have been suppressed. For later purpose, we give here the most general parametrization of the functions ⌺, ⌫ 1 and ⌫ 2 :
⌺͑k ͒ϭAk " ϩBm, ͑15͒
The real parts of the functions A, B, C 1 , D 1 , etc. could be uv divergent and require in principle a proper renormalization. Here, we do not need to deal with the question of renormalization at all, since only the imaginary parts of the loop diagrams are important when calculating the Collins function ͓2͔.
Taking now flavor factors properly into account, the contributions to the correlation function generated by the diagrams ͑a͒, ͑b͒ and ͑c͒ in Fig. 2 are given by 
͑20͒
The correlation functions of the Hermitian conjugate diagrams follow from the Hermiticity condition ⌬ (1) h.c.
Summing the contributions of all diagrams and inserting the resulting correlation function in Eq. ͑2͒, we eventually obtain the result
Thus, the Collins function is entirely given by the imaginary parts of the coefficients defined in Eqs. ͑15͒-͑17͒. We can compute these imaginary parts by applying Cutkosky rules to the self-energy and vertex diagrams of Fig. 3 . Explicit calculation leads to
͑24͒
where we have introduced the so-called Källen function,
2 ͔, and the factors
These integrals are finite and vanish below the threshold of quark-pion production, where the self-energy and vertex diagrams do not possess an imaginary part.
Thus, Eq. ͑21͒ in combination with Eqs. ͑22͒-͑26͒ gives the explicit result for the Collins function in the ManoharGeorgi model to lowest possible order. Because of its chiralodd nature, the Collins function would vanish in this model if we set the mass of the quark to zero. The same phenomenon has been observed in the calculation of a chiral-odd twist-3 fragmentation function ͓10͔. The result in Eq. ͑21͒ corresponds, e.g., to the fragmentation u→ 0 . The expressions for the remaining favored transitions are obtained in analogy to Eqs. ͑10͒,͑11͒. Unfavored fragmentation processes in the case of the Collins function appear only at the two-loop level.
III. ESTIMATES AND PHENOMENOLOGY

A. Unpolarized fragmentation function and the choice of parameters
We now present our numerical estimates, where all results for the fragmentation functions in this subsection refer to the transition u→ ϩ . To begin with we calculate the unpolarized fragmentation function D 1 (z), which is given by
where K ជ T ϭϪzk ជ T denotes the transverse momentum of the outgoing hadron with respect to the quark direction. The up- per limit on the K T 2 integration is set by the cutoff on the fragmenting quark virtuality, 2 , and corresponds to
In addition to m and g A , the cutoff 2 is the third parameter of our approach that is not fixed a priori. However, as will be explained below, the possible values of 2 can be restricted when comparing our results to experimental data. Unless otherwise specified, we always use the values
At the relevant places, the dependence of our results on possible variations of these parameters will be discussed. A few remarks concerning the choice in Eq. ͑29͒ are in order. The value of m is a typical mass of a constituent quark. The choice for the axial coupling can be seen as a kind of average number of what has been proposed in the literature. For instance, in a simple SU͑6͒ spin-flavor model for the proton one finds g A Ϸ0.75 in order to obtain the correct value for the axial charge of the nucleon ͓9͔. On the other side, large N c arguments favor a value of the order of 1 ͓15͔, while, according to a recent calculation in a relativistic point-form approach ͓16͔, a g A slightly above 1 seems to be required for describing the axial charge of the nucleon. Finally, our choice for 2 ensures that the momenta of the outgoing pion and quark, in the rest frame of the fragmenting quark, remain below values of the order 0.5 GeV. In this region we believe chiral perturbation theory to be applicable, meaning that our leading order result should provide a reliable estimate.
In Fig. 4 we show the result for the unpolarized fragmentation function D 1 u→ ϩ . Notice that in general the fragmentation functions vanish outside the kinematical limits, which in our model are given by On the other hand, we underestimate the parametrization of Ref. ͓17͔ by about a factor of 2. Some remarks are in order at this point. Although a part of the discrepancy might be attributed to the uncertainty in the value of g A , the most important point is to address the question as to what extent we can compare our estimate with existing parametrizations. The parametrization of ͓17͔ serves basically as input function of the perturbative QCD ͑PQCD͒ evolution equations, used to describe high-energy e ϩ e Ϫ data, and displays the typical logarithmic dependence on the scale Q 2 . A value of Q 2 ϭ1 GeV 2 is believed to be already beyond the limit of applicability of PQCD calculations. On the other hand, our approach displays, to a first approximation, a linear dependence on the cutoff 2 . It is supposed to be valid at low scales and it is also stretched to the limit of its applicability for 2 ϭ1 GeV 2 . In this context it should also be investigated to what extent the inclusion of one-loop corrections, which allow for the additional decay channel q*→q, will increase the result for D 1 at 2 ϭ1 GeV 2 . Finally, we want to remark that to our knowledge there exists no strict one-to-one correspondence between the quark virtuality 2 and the scale used in the evolution equation of fragmentation functions, which in semi-inclusive DIS, e.g., is typically identified with the photon virtuality Q 2 . For all these reasons, a smooth matching of our calculation and the parametrization of ͓17͔ cannot necessarily be expected. Despite these caveats, the correct z behavior displayed by our result for D 1 suggests that the calculation can well be used as an input for evolution equations at a low scale. In the next subsection we will elaborate more on this point in connection with the Collins function.
The best indication of the appropriate value of the cutoff 2 may be obtained when comparing our calculation to experimental data of the average transverse momentum of the outgoing hadron with respect to the quark, which we evaluate according to
2 Other parametrizations ͓18 -20͔ use a starting energy scale Q 2 у2 GeV 2 , which is too high to allow a comparison with our results. In Fig. 5 we show the result of this observable as a function of z for three different choices of the parameter 2 . As a comparison, we also show a fit ͑taken from Ref. ͓6͔͒ to experimental data obtained by the DELPHI Collaboration ͓21͔. As in the case of D 1 (z), the shape of our result is very similar to the experimental one, which we consider as an encouraging result. For 2 ϭ1 GeV 2 our curve is about 30% below the data. Such a disagreement is not surprising, keeping in mind that at LEP energies higher order PQCD effects ͑e.g. gluon bremsstrahlung, unfavored fragmentations, etc.͒ play an important role, leading in general to a broadening of the K T distribution. For experiments at lower energies, however, where PQCD contributions can be neglected in a first approximation, it may be possible to exhaust the experimental value for ͉͗K ជ T ͉͘(z) with genuine soft contributions as described in our model. This in turn would determine the appropriate value of the cutoff 2 . For example, such a method of matching our calculation with experimental conditions could be applied at HERMES kinematics, even though the method is somewhat hampered since K T is not directly measured in semi-inclusive DIS. In this case, one rather observes the transverse momentum of the outgoing hadron with respect to the virtual photon, P hЌ , which depends on both K T and the transverse momentum of the partons inside the target p T . At leading order in the hard scattering cross section one can in fact derive the relation ͗P hЌ 2 ͑͘x,z͒ϭz 2 ͵ dp T
where x represents the Bjorken variable.
B. Collins function
We now turn to the description of our model result for the Collins function. In Fig. 6 , H 1 Ќ is plotted for three different values of the constituent quark mass, mϭ0.2, 0.3, 0.4 GeV. In a large z range, the function does not depend strongly on the precise value of the quark mass, if we choose it within reasonable limits. That is why we can confidently fix m ϭ0.3 GeV for our numerical studies. It is very interesting to observe that the behavior of the unpolarized fragmentation function D 1 is quite distinct from that of the Collins function: while the former is decreasing as z increases, the latter is growing.
The different behavior of the two functions becomes even more evident when looking at their ratio, shown in Fig. 7 . We emphasize that also from the experimental side there exists some evidence for an increasing ratio H of the cutoff 2 . In conclusion, the prediction shown in Fig.  7 is almost independent of the choice of parameters in our approach.
At this point we would like to add some general remarks concerning the z behavior of our results. It turns out that the shape of all the results does not vary much when changing the parameters within reasonable limits. In particular, variations of g A and of the cutoff 2 only change the normalization of the curves but not their shape. In this sense our calculation of fragmentation functions has a strong predictive power. This has a direct practical consequence if one uses, for instance, our result of the Collins function as input in an evolution equation: the z dependence of the input function can be adjusted to the shape of our H 1 Ќ , while its normalization can be kept free in order to account for uncertainties in the values of g A and 2 . In Fig. 8 we plot the ratio
which enters the transverse single spin asymmetry to be discussed in the following subsection. This quantity rises roughly linearly within a large z range, leading to a similar z behavior of the transverse spin asymmetry. H 1 Ќ(1/2) /D 1 is no longer independent of the cutoff 2 , but rather the same dependence as in the case of ͉͗K ជ T ͉͘ ͑shown in Fig. 5͒ can be assumed. In Fig. 8 , this ratio is compared to the expression
͑34͒
A very close agreement between the two different curves can be observed, indicating that the model predicts a quite similar transverse momentum dependence of both the Collins function and D 1 . In the literature, this feature is sometimes assumed in phenomenological parametrizations of H 1 Ќ . Note, however, that in our approach deviations from this simple behavior can be expected, if D 1 is also calculated consistently to the one-loop order.
The Collins function has to fulfill the positivity bound ͓22,23͔
Integration over K T 2 gives the simplified expression
which is satisfied by our model calculation. It is clear, however, that increasing the value of 2 will eventually result in a violation of the positivity condition. To avoid such a violation, we should calculate D 1 and H 1 Ќ consistently at the same order, i.e., the one-loop corrections to D 1 should be included. By doing so, the positivity bound will be fulfilled even at larger values of 2 , for which our numerical results are no longer trustworthy.
From our results, we expect an increasing behavior of the azimuthal asymmetry in p ↑ p→ X as function of x F , qualitatively similar to what has been predicted in Ref. ͓3͔ in the context of the Lund fragmentation model. At this point, it is also interesting to discuss the comparison of our results with the ones obtained using the so-called ''Collins guess.'' On the basis of very general assumptions, Collins suggested a possible behavior for the transverse spin asymmetry containing H 1 Ќ ͓1͔. This suggestion has been used in the literature ͑see, e.g., Refs. ͓24 -27͔͒ to propose the following shape for the Collins function:
with the parameter M C ranging between 0.3 and 0.7 GeV. Using our model outcome for the unpolarized fragmentation function, we apply Eq. ͑37͒ to estimate H 1 Ќ(1/2) , and in Fig. 9 we show how this compares to the exact result of Eq. ͑33͒. There is a rough qualitative agreement with the Collins ansatz for the lowest value of the parameter M C , although it is not growing fast enough compared to the exact evaluation. On the other hand, in the Manohar-Georgi model there is no agreement with the Collins ansatz for high values of the parameter M C , which might indicate that the relation suggested in Eq. ͑37͒ should be handled with care. Finally, we display in Fig. 10 the quantity
because this ratio appears in the weighted asymmetries to be considered below. In Fig. 10 , the expression
is also shown for comparison. Once again, there is a remarkable agreement between the two different expressions, confirming the quite similar K T behavior of H 1 Ќ and D 1 .
C. Asymmetries in semi-inclusive DIS and e ¿ e À annihilation
We turn now to estimates of possible observables containing the Collins function. We will take into consideration oneparticle inclusive DIS, where the Collins function appears in connection with the transversity distribution of the nucleon, and e ϩ e Ϫ annihilation into two hadrons belonging to two different jets.
In the first case, we consider the DIS cross section with a transversely polarized target 3 and the production of one pion. We denote the transverse polarization vector of the target as S ជ T . The cross section is differential in six variables, for which we choose x,y,z,͉P ជ hЌ ͉, h S , l S , where P ជ hЌ is the transverse component of the pion momentum, h S is its azimuthal angle with respect to the target spin, and l S is the azimuthal angle of the lepton scattering plane again with respect to the target spin.
Orienting the spin of the target in two opposite directions and summing the cross sections we isolate the unpolarized part ͓14͔,
where the subscript U indicates an unpolarized electron beam, the index a denotes quark flavors, and f 1 is the usual unpolarized quark distribution in the nucleon. Subtracting the cross sections we obtain the polarized part ͓14͔,
͑41͒
Integration over the azimuthal angles would cause the polarized part of the cross section to vanish. After defining the angle ϵ h S Ϫ2 l S , we consider the sin weighted transverse spin asymmetry ͗sin ͘ UT ͑ x,y,z ͒ϭ
͑42͒
Inserting Eqs. ͑41͒, ͑40͒ into the definition of the asymmetry results in an expression where the transverse momenta of h 1 and H 1 Ќ are still entangled in a convolution integral ͓28͔. To resolve the convolution, it is required to assume a particular dependence of the transversity distribution on the intrinsic transverse momentum. The simplest example is
which means supposing there is no intrinsic transverse momentum of the partons inside the target. Under this assumption, the pion transverse momentum with respect to the virtual photon is entirely due to the fragmentation process, i.e., P ជ hЌ ϭK ជ T ϭϪzk ជ T , and the convolution can be disentangled:
3 Transverse vectors and azimuthal angles are defined as lying on a plane perpendicular to the direction of the virtual photon. 
where the approximation sign reminds us that the equality is assumption dependent. If we want to disentangle the convolution integral of Eq. ͑41͒ without making any assumption on the intrinsic transverse momentum distribution, we need to weight the integral with the magnitude of the pion transverse momentum ͓29͔. This procedure results in the azimuthal transverse spin asymmetry
͑45͒
We achieved an assumption-free factorization of the x dependent transversity distribution and the z dependent Collins function. The measurement of this asymmetry requires one to bin the cross section according to the magnitude of the pion transverse momentum. On the other hand, this asymmetry represents potentially the cleanest method to measure the transversity distribution together with the Collins function. Moreover, it is not afflicted by complications due to Sudakov factors ͓30͔. We show predictions for both transverse spin asymmetries defined in Eqs. ͑44͒ and ͑45͒. Different calculations can be found in the literature, e.g., in Refs. ͓27,31,32͔. To estimate the magnitude of the asymmetries, we need inputs for the distribution functions, in particular for the transversity distribution. Several model calculations of this function are available at present ͑see ͓33͔ for a comprehensive review͒. We refrain from considering many different examples and rather restrict the analysis to two limiting situations. In the first case we adopt the nonrelativistic assumption h 1 ϭg 1 , while in the second case we exhaust the upper bound on the transversity distribution, i.e., h 1 р 1 2 ( f 1 ϩg 1 ) ͓34͔. We use the simple parametrization of g 1 and f 1 suggested in ͓35͔. At the moment, more sophisticated parametrizations are available, taking scale evolution into account also. However, all these parametrizations are compatible with each other to the extent of our purpose here, which is to give an estimate of the asymmetries for a low scale. We focus on the production of ϩ , where the contribution of down quarks is negligible, not only because of the presence of unfavored fragmentation functions, but also because the transversity distribution for down quarks is supposed to be much smaller than for up quarks.
In Fig. 11 we present the azimuthal asymmetry defined in Eq. ͑44͒ as a function of x, after integrating numerator and denominator over the variables y and z, for the two cases described above. In Fig. 12 , we present the same asymmetry as a function of z, after integrating over y and x. As already mentioned before, our prediction is supposed to be valid at a low energy scale of about 1 GeV 2 . Neglecting evolution effects, it could be utilized for comparison with experiments at a scale of a few GeV 2 . We assume the value of the transverse polarization to be ͉S ជ T ͉ϭ0.75. In performing the integrations, we apply the kinematical cuts typical of the HERMES experiment, as described in ͓4͔. Therefore, our prediction is particularly significant for HERMES, which is supposed to be the first experiment to measure this asymmetry. In principle, the simultaneous study of the x and z dependence of the asymmetry yields separate information on the distribution and fragmentation parts and allows one to extract both up to a normalization factor ͓32͔. Note, however, that this procedure relies on the assumption of up-quark dominance and is valid only if the asymmetry is truly factorized, so that the x dependence can be ascribed entirely to the distribution functions and the z dependence entirely to the fragmentation functions. Kinematical cuts could partially spoil this situation. We would like to stress that our calculation predicts an asymmetry up to the order of 10%, which should be within experimental reach, and suggests the possi- bility of distinguishing between different assumptions on the transversity distribution. Using the same procedure as before, we have estimated the asymmetry defined in Eq. ͑45͒, containing the weighting with ͉P ជ hЌ ͉/m . The results are shown in Fig. 13 as a function of x and in Fig. 14 as a function of z. The magnitude of this asymmetry is higher than in the unweighted case, which is due to the fact that the weighting spuriously enhances the asymmetry by about a factor of 2.
In addition to appearing in semi-inclusive DIS in connection with the transversity distribution of the nucleon, the Collins function can be independently extracted from another process, that is, electron-positron annihilation into two hadrons belonging to two back-to-back jets ͓36,37͔. We restrict ourselves to the case of ␥ exchange only. In this process, one of the two hadrons ͑say hadron 2͒ defines the scattering plane together with the leptons and determines the direction with respect to which the azimuthal angles must be measured. The cross section is differential in five variables, e.g., z 1 ,z 2 ,y,͉P ជ hЌ ͉,. The variables z 1 and z 2 are the longitudinal fractional momenta of the two hadrons. In the center of mass frame yϭ(1ϩcos )/2, where is the angle of hadron 2 with respect to the momentum of the incoming leptons. The vector P ជ hЌ denotes the transverse component of the momentum of hadron 1 and is its azimuthal angle with respect to the scattering plane. For a more detailed description of the kinematical variables we refer to ͓36,37͔.
We define the azimuthal asymmetry 
where summations over quark flavors are understood. The weighting with a second power of P hЌ in the numerator is necessary to obtain a deconvoluted expression. We prefer to use the same weighting in the denominator as well, to avoid a modification of the asymmetry just caused by the weighting.
In Fig. 15 we present the estimate of the asymmetry defined above, entirely based on our model. The asymmetry has been integrated over z 2 and , leaving the dependence on z 1 alone. We have extended the integration interval all the way to ͓0,͔, to obtain a conservative estimate. In fact, limiting the interval to ͓/4,3/4͔ will enhance the asymmetry by a factor of 2, approximately. Because the Collins function increases with increasing z, we also get a larger asymmetry by restricting the integration range for z 2 . As an illustration of this feature, in Fig. 15 we present two results, obtained from two different integration ranges. Our prediction is supposed to be valid only at low energy scales and should be evolved for comparison with higher energy experiments. It is important to note that we estimate the asymmetry to be of the order of about 5%, and thus it should be very well observable in experiments.
IV. SUMMARY AND CONCLUSIONS
We have estimated the Collins fragmentation function for pions at a low energy scale by means of the Manohar-Georgi model. This model contains three essential features of nonperturbative QCD: massive quark degrees of freedom, chiral symmetry and its spontaneous breaking ͑with pions as Goldstone bosons͒. Because of the chiral invariant interaction between pions and quarks, the fragmentation process can be evaluated in a perturbative expansion. The constituent quark mass, the axial pion-quark coupling g A and the maximum virtuality 2 of the fragmenting quark are free parameters of our approach. The quark mass and g A are constrained within reasonable limits. To ensure the convergence of the chiral perturbation expansion, 2 cannot exceed a typical hadronic scale. We have mostly considered the value 2 ϭ1 GeV 2 , which guarantees that the momenta of the particles produced in the fragmentation process stay well below the scale of chiral symmetry breaking, ⌳ Ϸ1 GeV. To determine the appropriate value of 2 , the average transverse momentum of a data set could be used. In any case, we observed that variations of the free parameters within reasonable limits have only a minor influence on the shape of the results, implying that our approach has a strong predictive power for the z behavior of the various functions.
We have found that the Manohar-Georgi model reproduces reasonably well the unpolarized pion fragmentation function and the average transverse momentum of a produced hadron as a function of z, supporting the idea of describing the fragmentation process by a chiral invariant approach.
Compared to the unpolarized fragmentation function, modeling the Collins function is considerably more difficult, mainly because of its chiral-odd and time-reversal odd nature. In our approach, the helicity flip required to generate a chiral-odd object is caused by the mass of the constituent quark, while the T-odd behavior is produced via one-loop corrections. The Collins function exhibits a quite distinct behavior from the unpolarized fragmentation function. In particular, the ratio H 1 Ќ /D 1 is strongly increasing with increasing z.
On the basis of our results, we have calculated the transverse single-spin asymmetry in semi-inclusive DIS where the Collins function appears in combination with the transversity of the nucleon. This observable will be measured in the near future at HERMES and could also be investigated at COM-PASS, JLab ͑upgraded͒ and eRHIC. For typical HERMES kinematics the asymmetry is of the order of 10%, giving support to the intention of extracting the nucleon transversity in this way. We believe that our estimate of the Collins function, despite its uncertainties, can be very useful for this extraction.
More information on the Collins function from the experimental side is urgently required. In this respect, the most promising experiment seems to be e ϩ e Ϫ annihilation into two hadrons, where H 1 Ќ appears squared in an azimuthal cos 2 asymmetry. According to our calculation, an asymmetry of the order of 5% can be expected, which should be measurable at high luminosity accelerators, such as BABAR and BELLE. Dedicated measurements of the Collins function would be extremely important for the extraction of the transversity distribution. Moreover, they could answer the question whether a chiral invariant Lagrangian can be used to model the Collins function. 
